This paper describes the commutants of certain analytic Toeplitz operators. To underline the difference between the Bergman and Hardy spaces, we first prove that on the Bergman space l} a the only isometric Toeplitz operators with harmonic symbols are scalar multiples of the identity. If T denotes the norm closed subalgebra of L(La) generated by Toeplitz operators, we show that for each positive integer n , { T z n}' nT is the set of all analytic Toeplitz operators. This result is also valid for the Hardy space. Here {T z n}' denotes the commutant of T z n . Finally we prove the analogous result for T u n, where u is an analytic, one-to-one map of the unit disk onto itself. It is well known that the Hardy space Toeplitz operator T φ is an isometry if and only if φ is inner. If φ is a nonconstant inner function, then T φ is a pure isometry and is unitarily equivalent to a unilateral shift, whose commutant can be characterized matricially. On the Bergman space, a Toeplitz operator whose symbol is a nonconstant inner function is not an isometry. We will prove even more (Theorem 1.1): The only Toeplitz operator with harmonic symbol that is an isometry is a scalar multiple of the identity.
The algebra of bounded analytic functions on D will be denoted by H°° . If φ € H°° , then T φ is called an analytic Toeplitz operator.
For a Hubert space H, ί(H) denotes the algebra of all bounded linear operators on H. If S c L(H), then S' = {B e L(H): AB =
BA for all A e S} is the commutant of S. In this paper we are interested in finding commutants of certain analytic Toeplitz operators acting on the Bergman space.
Much work has been done in studying commutants of analytic Toeplitz operators on the Hardy space. Some of those results can be extended to the Bergman space case. It is well known that the Hardy space Toeplitz operator T φ is an isometry if and only if φ is inner. If φ is a nonconstant inner function, then T φ is a pure isometry and is unitarily equivalent to a unilateral shift, whose commutant can be characterized matricially. On the Bergman space, a Toeplitz operator whose symbol is a nonconstant inner function is not an isometry. We will prove even more (Theorem 1.1): The only Toeplitz operator with harmonic symbol that is an isometry is a scalar multiple of the identity.
Our first result about commutants concerns Toeplitz operator with symbol z n . Let T be the norm closed subalgebra of L(Z^) generated by all Toeplitz operators. We show (Theorem 1.4) that for each positive integer n, {T z n} f n T is the set of all analytic Toeplitz operators. This result is also valid for the Hardy space. Then, we prove the analogous result for T u n, where u is an analytic, one-to-one map of D onto itself.
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Commutants.
At first we will underline the difference between the Bergman and Hardy space Toeplitz operators. We will prove that on the Bergman space there are no nontrivial isometries with harmonic symbols. We need some facts about the maximal ideal space of H°° . Good references are Hoffman [12] and Garnett [10] .
The set of all multiplicative linear functionals on H°° is called the maximal ideal space of H°° and we denote it by M. The Gelfand transform ~:
The Gelfand transform is an isometry from H°° -+ C(M), so that we can identify H°° with the uniformly closed subalgebra of C(M). Hoffman ([13, Lemma 4.4] ) has proved that C(M) is identical to the sup norm closure of the algebra generated by the bounded harmonic functions. If πi\ and ra 2 are in M, the pseudohyperbolic distance between m\ and ra 2 is defined as 
-* / -> C(M) -> Ί(C(M))/C -+ is exact. This implies that C(M)/J is isomorphic to T(C(M))/C with isomorphism for φ e C(M).
Another Banach algebra we need is L°°(dD). 9 then sup{\h(z)\ : z e D} = 1 and h must be a constant function. Thus we have proved the following theorem: THEOREM 1. 3 
J. Thukral asked for which harmonic h is T h a partial isometry. If T h is a partial isometry, then by Halmos [11, Problem 98], T h = T h T£T h . Similarly as before, this means for every φ e M(L°°). If φ(h) = 0 for every φ e M{L°°), then h = 0. If φ(h) φ 0 for some φ e M(L°°)

. Suppose that h e L°°(D, dA) is harmonic and that T h is a partial isometry. Then h is either a constant function of modulus 1 or h is identically 0.
In [5] S. Axler and the author characterized commuting Toeplitz operators with harmonic symbols. Now, we are going to consider the related problem-the commutants of some analytic Toeplitz operators. At first we will be interested in finding the commutant of T z n, for arbitrary positive integer n. Before we state and prove our result, recall the following definitions.
For φ G L°° (D, dA) , the Hankel operator with symbol φ, denoted H 9 , is the operator from L 2 to (L 2 ) 1 defined by H φ f =
{I-P)(φf). For an analytic function / on D we set
The Bloch space B is the set of all analytic functions f on D for which \\f\\β < oo. The quantity |/(0)| + \\f\\β defines a norm on B, and B equipped with this norm is a Banach space. Contained in the Bloch space is the little Bloch space BQ , which is by definition the set of all analytic functions f on D for which For the basic properties of the Bloch space see [2] .
Let neNbe fixed. The results in this paper raise the following questions. The McDonald-Sundberg functional calculus is the crucial tool in proving Theorem 1.1. Is this theorem true without the assumption on the symbol to be harmonic? If h is in C(M), then the McDonaldSundberg calculus is still valid, but it is not true in general that sup{|Λ(z)| : z e D} = s\xp{\φ(fι)\ : φ e M(L°°)}. However, we guess that there are no nontrivial isometries among Toeplitz operators on the Bergman space.
Suppose S e L(L*) is such that ST Z -T z SeK.If ST z n -T z nS = 0 for some n, then Theorem 1.4 shows that S must be an analytic Toeplitz operator. What is the set of all functions / such that STfTfS = 0 implies that S is an analytic Toeplitz operator?
